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Bai_1 Trong mit phang véi hé toa d6 Oxy, cho duong tron (C) : x? +y* +2x—8y—8=0. Viét phuong
trinh dudng thang song song vai dudng thang d: 3x+y-2=0 va cit duong tron theo mot dy cung c6 do dai
bang 6.
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Huwéng ddn:  Puong thang d' song song vai d : 3x+y+m=0 A
. -3+4+m{ |m+
- IH la khoang cach tir I dén d': IH=| |=| ]4
5 5 K
2 +2y-5=0

- Xét tam giac vubng IHB : Iszle—(AE ]=25—9=16 ey

m+1)* m=19—>d":3x+y+19=0 . ¢

u:16<:>|m+ﬂ:20:> ~ y B(2;-1) H

m=-21—->d":3x+y-21=0 3x-4y+27=0

Bai_2 Trong mit phang véi hé toa o Oxy. Cho duong tron (C) : x2 + y? —4x—2y—1=0

va dudng thang d : x+y+1=0. Tim nhitng diém M thudc dudng thang d sao cho tir diém M ké duoc dén
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Huwong dén:

- M thuoc d suy ra M(t;-1-t). . Néu 2 tiép tuyén vudng goc voi
nhau thi MAIB 14 hinh vudng ( A,B 1a 2 tiép diém ). Do dé

AB=MI= IA\2 =R2 =62 =2.3.
“Taco: Mi=(2-t) +(2+t)’ =v2t? +8=2{3

-Do d6:

t=—2 > M,(—~2;v2-1)
t=2 - Mz(ﬁ;—ﬁ—l) |

* Chi y : Ta con cach khac )
- Goi d' 1a duwong thang qua M ¢6 hé s6 goc k suy rad' co
phuong trinh : y=k(x-t)-t-1, hay : kx-y-kt-t-1=0 (1) .

2 +8=12 ot?’ =2

|2k—kt—t—2|_\/§

J1+k?

e[(2-t)k-t-2] =6(1+k?) = (2 —4t—2)k> +2(t+2)(2-t)k+(t*+4t-2) =0

- Néu d' 1a tiép tuyén caa (C) ké tir M thi d(1;d)=R =

t?—4t—2%0
- Tir gia thiét ta c6 dieu kign : < A'=(4-t")—(t* ~2-4t)(t* -2+4t) >0
2 —
t2+4t 2:_1
t2—4t—2
t¢ZiJ§
) ) k,+k, =t—=
- {A' =t (19—t )>O:>t:i«/§: 2=k k, &M
t2:2 klkzz—l

Bai 3 Trong mit phing véi hé toa do Oxy, cho duong tron (C) c6 phuong trinh: X%+ y? +4/3x—4=0
Tia Oy cit (C) tai A. Lap phwong trinh dudng tron (C’), ban kinh R’ = 2 va tiép xdc ngoai véi (C) tai A
Huweng din: - (C) c6 1(—2+/3;0), R=4 . Goi J 1a tam duong tron can tim
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J(a;b):>(C'):(x—a)2+(y—b)2:4 Y A
-Do (C) va (") tiép xlic ngoai véi nhau cho nén khoang cach 1J (0:2)
:R+R':>\/(a+2J§)2+b2=4+2=6<:>a2+4J§a+b2=28 x

- Vi A(0;2) la tiép diém cho nén : (0—a)’ +(2-b)* =4(2) |(_2\/|§ 0) X

2
(a+243) +b'=36 _ [a?+4\Ba+b’ =24
a2 +(2—b)2=4 a’—4b+b*=0

- Do d6 taco hé :

2
- Giai hé tim duoc : b=3 va a= \/§:>(C'):(x—«/§) +(y—3)2 =4,
* Chuy : Ta c6 cach giai khac . . ‘
- Goi H la hinh chiéu vudng goc cua J trén Ox suy ra OH bang a va JH bang b
IA_ 10 OA 4 23 2

- Xét cac tam gidc dong dang : IOAvVA IHIsuyra: —=—=—— ¢ —=—"¥°_ =
s 9 dang TR W T8 ar2 b

- Tir ty s6 trén ta tim duoc : b=3 vaa= /3.

Bai_4. Trongmatphingtoadd Oxy chodudngtron (C) : X° + y? + 4x — 6y + 9 = 0 vadiém M( 1; -
8).Viétphuongtrinhdudngthing d qua M saocho d cit (C) taihaidiém A,B phanbiétmadiéntich tam giac ABI
datgiétrilonnhat.

Huwéng ddn:

Bai 5. Vi | latamcuaduongtron (C).Cho A(1 ; 4) vahaiduongthangb: x+y—3=0;c:x+y—-9=0.
Timdiém B trénb ,diém C trén ¢ saocho tam gidc ABC vubngcantai A.
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Bai 6 | ‘
Ciu VLb (2 diém) 1) Trong mat phang voi hé toa 36 Oxy, cho tam giac ABC vudng tai B va
noi tiép duong tron (C). Biét rang (C): (x—1)" +(y+2)" =5, A(2;0) va dién tich tam giac
ABC béng 4. Tim toa do cac dinh B,C

Hudng dan: . 2T

* Dé dang xdc dinh dwec dinh C doi xirng

vdi A qua tam 1(1,-2) => C(0;2)

* Do dign tich AABC bang 4 suy ra

—lCA > -5
d(B;AC)=—= . B la giao diém cii
( ) ? \E a giao diém ciia
duwong thang song song voi AC va cdach
AC 1 khoding bing E ; voi dwong tron
(©).

Két qud ta cé 4 diém B cé toa dp la
(0.00, 0.00);;(2.00, —4.00) .......

Bai 7

1. Trong mit phang véi hé toa dd Oxy cho duong tron (C):x* + 3> =2x+4y-20=0 va duong thing
(d):3x+4y-=20=0. Chimg minh 4 tiép xuc véi (C). Tam giac ABC c6 dinh A thude (C), cac dinh B
va C thuéc d , trung diém canh 4B thudc (C). Tim toa dd céc dinh 4, B.C biét tryc tim cia tam gidc

ABC tring voi tim cta duong tron (C) va diém B co hoanh d6 duong.

Trang day hoc ddy video wwww.nguoithay.com



www.nguoithay.org

Hudng dan:
* Puodng tron (C) c6 tam H(1;-2); ban kinh
R=5 tiép xuc véi dudong thang (d) tai A'(4;2)

* Tam giac ABC c6 truc tdm H, hai dinh B va
C thudc (d) thi A’ 1a chan dudng cao thudéc BC
va A thudc (C) nén AA' 1a dudng kinh va

h 1

HF//=§A'B =>A'B=10 .Tur day ta tim duoc

toa d6 ctia B= (12;-4)

* Do C thudc (d) nén toa d6 cua C thoa man
—_— —_—

—_
hé thuc:CA' =tA'B va CH . AB =0 => C(0;5).
Toa d¢ cac dinh cua tam giac la :

A=(-2;-5);B= (12;-4);C=(0;5)

-12

Bai_8 Trong mat phang vai hé toa do Oxy cho duong tron hai dudng tron
C): X2+ y*—2x =2y +1 = 0, (C):x*+ y?+4x—5 = 0 cung di qua M(1; 0). Viét phuong trinh
duong thang qua M cat hai duong tron (C), (C') lan luot tai A, B sao cho MA= 2MB
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Hwong dan: * Céch 1.
) , ~ x=1+at
- Goi d 1a duong thang qua M ¢6 véc to chi phuong u = (a; b) =d :{ bt
y:
-buong tron (C,):1,(L1),R =1.(C,):1,(-2;0),R, =3 ,suyra:

(C):(x=1)° +(y-1)" =1,(C,):(x+2)" +y* =9

t=0->M 2ab  2b?
-Néudcit (C) tai A: = (a?+b?*)t?-2bt=0< = Al 1+ :
(C.) t ( ) - 22b . [ a’ +b? a2+b2j
a“+b
t=0->M
. , _ 6a’ 6ab
-Néudcat (C,) taiB: =(a?+b*)t?+6at =0 < < Bl 1- —
() & ( ) =— 26ab2 ( a’ +b? a2+b2j
a’+

- Theo gié thiét : MA=2MB <> MA? = 4MB? (*)

-Tacé'[ 2ab T+ 2b? 2_4 6a’ 2+( 6ab jz
“la?+b? a’+b? a’+b? a’+b?

4b? _4 36a’ o b? 3687 b=-6a—>d:6x+y-6=0
a’+b* a*+b? b=6a—>d:6x—y—6=0
* Cach 2.

- Str dung phép vi tu tam | ti s vi tu k:—% . (Hoc sinh ty 1am )

Bai 9 Trong hé toa do Oxy, cho hai duong tron c6 phuong trinh (Cy): x2+y2—4y-5=0 va
(Cp):x? +y? —6x+8y+16=0. Lap phuong trinh tiép tuyén chung cita (C;) va (C, ).
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Huwong ddn: :-Taco:

(C):x+(y-2)'=9=1,(0;2),R =3, (C,):(x-3)" +(y+4)'=9=1,(3-4),R, =3

- Nhan xét: 1,1, =+/9+4 =13 <3+3=6=(C, )khdng cit (C,)

- Goi d : ax+by+c =0 ( @® +b” = 0) la tiép tuyén chung , thé thi :d (1,,d)=R,,d(1,,d)=R,
2b+c|
JaZ+b? ) - 12b+c] _|3a—4b+c|©|2b+c|=|3a_4b+c|©{3a—4b+c:2b+c

|3a—4b+c|_3(2) JaZ+b?  Ja?+b? 3a—4b+c=-2b—-c
Ja? +b?
@{aZZb .Mzt khac tir (1) : (2b+c)’ =9(a”+b’) <
3a-2b+2c=0
- Truong hop : a=2b thay vao (1) :
b=2b—&/§c
4
2b+c)’ =9(4b% +b?) < 41b? —4bc —c? =0.A", = 4c? + 41c? = 45¢ <
(2b+e) =9 ) ° (2+3V5)c
b=/
4
- Do d6 ta c6 hai duong thang can tim :
2-3\5 2-3\5
dl:( - )x+( y )y+1:0<:>2(2—3\/§)x+(2—3\/§)y+4:0
2+35 2+35
:( )x+( )y+1=0<:>2 2+3J5)x+(2+3V5)y+4=0
. 2 4
2b—3a ‘2b+2b;3a S0
- Truong hop : c=——— thay vao (1) : ———=——"=3<[2b—a|=+a?+b?
Ja? +b? | |
b:0—>c=—E b=0,a=-2c
<:>(2b—a)2:a2+b2<:>3b2—4ab:O© 2 o 43
da a b=—,a=-6¢C

- Vay c6 2 dudng thang : d,:2x-1=0, d,:6x+8y-1=0
Bai_10 Viét phuong trinh tiép tuyén chung caa hai duong tron :
o (C): (x-5)°+(y+12)°=225va (Cp): (x—1)°+(y-2°=25 ,
Hwong dan: - Tacé (C) vai tam 1(5;-12) ,R=15. (C") cb J(1;2) va R'=5. Goi d la tiép tuyén chung c6
phuong trinh : ax+by+c=0 (a® +b* #0).

L [ba—12b+c| la+2b+c|
-Khidoétacdo: h(l,d)=————=15(1),h(J,d)=——==5(2
01)- B2 15 0),000.0) - 22 s 2

5a-12b+c=3a+6b+3c

-Tu () va(2)suyra: ba-12b+c|=3la+2b+c
r(1)va)suyra: | +e=3fa~ +|<:{5a—12b+c=—3a—6b—30

a-9b=c
3 . Thay vao (1) : |a+2b+c|=5va’*+b* ta c6 hai truong hop :
—2a+5b:c

- Trudng hop : c=a-9b thay vao (1) : (2a—7b)’ =25(a’ +b”) <> 21a’ +28ab—24b° =0
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14-1;%/? L :[14—21i)ﬁ}x+y_175+10\/7:0

2 21
Suyra:
L 1441047 (1441047 x+y—175_10*ﬁ=o
21 21 21

- Truong hop : ¢ :—2a+gb:>(1):(7b—2a)2 =100(a* +b* ) <> 96a’ + 28ab+51b* =0 . V6 nghi¢m . (

Phithop vi : 1J =y/16+196 =+/212 < R+ R'=5+15= 20 =+/400 . Hai dudng tron cit nhau ) .

Bai 11 Cho dwong tron (C): X* +y* — 2x — 6y + 6 = 0 va diém M (2;4) 9
Viét phuong trinh duong thang di qua M cat duong tron tai 2 diém A va B, sao cho M la trung diém cua
AB
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Huweng dan: - Buong tron (C) :(x-1)" +(y-3)" =4=1(13),R=2,P, ¢, =1+1-4=-2<0=>M
nam trong hinh tron (C) .

X=2+at

y=4+Dbt

- Néu d cét (C) tai AB thi : (at+1)" +(bt+1)" =4 < (@’ +b*)t*+2(a+b)t—2=0(1) (6 2 nghigmt) .
Vivay diéu kién : A'=(a+b)’ +2(a’+b*)=3a" +2ab+3b” > 0(*)
- Goi A(2+at;;4+bt,),B(2+at,;4+bt,) =M la trung diém AB thi taco hé :

<:>{4+a(t1+t2)=4®{a(tl+t2)=o

- Goi d 1a duong thang qua M(2:4) ¢6 véc to chi phuong u= (a; b) =d: {

<t +t,=0. Thay vao (1) khi ap dung vi ét ta duoc :

8+b(t,+t,)=8  |b(t +t,)=0
2 - -
©g+tzz—%:0©a+b:0©a:—b:d:X—lzzyT4<:>d: X+y-6=0
—+ -

Bai_12 Trong mat phing véi hé toa dd Oxy, cho dudng tron (C): X* + y? - 2x - 2my + m? - 24 = 0 ¢4 tam |
va duong thang A: mx + 4y = 0. Tim m biét duong thang A cét duong tron (C) tai hai diém phan biét A,B
thoa man dién tich tam giac 1AB bang 12.

Huwoéng dan: - (C): (x-1)"+(y-m)'=25 =I(Lm)R=5.

m
y=——X
- Néu d : mx +4y=0 cit (C) tai 2 diém A,B thi
© y=0 cat (C) tai 2 die (m2+16sz (4+m2

16

-Piéukién: A'=m’+25>0<> meR. Khi d6 goi A(xl;—%xlj,B(xz;—%xzj

o m? +16 m* +25
:AB:\/(Xz_X1f+E(X2_X1)Z :|X2_X1|J 4 :8\/«/m2+16

Im-+4m| ~ |5m|
Jm? +16  Jm?+16
2
Tirgiathiét: S= A= LgYm +25 M
2 2 Jm?+16 m?+16
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Jm? +25
m’® +16
- Ta ¢6 mot phuong trinh tring phwong , hoc sinh giai tiép .
Bai_13 Viét phuong trinh duong tron di qua hai diém A(2; 5), B(4;1) va tiép xdc véi duong thang c6
phuong trinh 3x -y + 9 =0.
Huwong dén:
Goi M 1a trung diém AB suy ra M(3;3 ) . d' 13 duong trung truc ciia AB thi d' c6 phwong trinh : 1.(x-3)-
2(y-3)=0, hay : x-2y+3=0.
- Tam | cia (C) ndm trén duong thang d' cho nén 1(2t-3;t) (*)

[3(2t-3)-t+9 _Jst| 10

< [5m| =3 25m? (m? +25) = 9(m? +16)

- Néu (C) tiép xtic véi d thi h(l,d)=R < t|=R.(1
(C) tiep (1.d) J0 A0 2 || )
- Mat khéc : R=IA= (|(5-2t) +(5-t)° . (2) .
N . 2 2 \/E 2 2
- Thay (2) vao (1) : \J(5-2t)° +(5-t) :T|t|c>4(5t —~30t+50) =10t
t=6-+/34
StP-12t+2=0=> ﬁ Thay céac gia tri t vao (*) va (1) ta tim dugc toa do tam | va ban kinh R
t=6+/34

cua (C) .
* Chiy : Ta cd thé st dung phuong trinh (C) : x* + y? —2ax—2by+c=0 (c6 3 4n a,b,c)

- Cho qua A,B ta tao ra 2 phuong trinh . Con phuong trinh thtr 3 str dung diéu kién tiép xtc cua (C) vad :
khoang céch tur tdm tai d bang ban kinh R .

Bai 14 Cho dudng tron (C): X% +y*— 2x + 4y +2 = 0.
Viét phuong trinh duong tron (C') tdm M(5, 1) biét (C)
it (C) tai cac diém A, B sao cho AB=+/3.

Huwdéng din: - Puong tron (C) :

(x-1)"+(y+2)" =3=1(1-2),R=+3.

- Goi H la giao cua AB véi (IM). Do duong tron (C') tam M
c6 ban kinh R' = MA . Néu AB=+/3=IA=R, thi tam giac

3B 3

IAB la tam giac déu , cho nén IH= "= = > ( duong cao

2
Iy A = An s _ — 3 7
tam giac déu ) . Mat khac : IM=5 suy ra HM= 5—525.
2
R

- Trong tam giac vuéng HAM ta co6 MA? = IH? + 1

-Vay (C) : (x=5)" +(y-1)" =13.
Bai_15 Trong mat phang véi he toa do Oxy cho dudng tron (C) c6 phuong trinh (x-1)* + (y+2)* =9 va
duong thang d: x +y + m = 0. Tim m dé trén dudng thing d c6 duy nhat mot diém A ma tir d6 ké duoc hai
ti€p tuyén AB, AC t6i duong tron (C) (B, C 1a hai tiép diém)
sao cho tam giac ABC vuong.

Huwong dén:

- (C) ¢6 1(1;-2) va béan kinh R=3 . Néu tam giac ABC
vubng goc tai A ( c6 nghia 1a tir A ké duoc 2 tiép tuyén
t6i (C) va 2 tiép tuyén vudng goc véi nhau ) khi d6
ABIC Ia hinh vudng . Theo tinh chét hinh vuéng ta c6
IA= IB~2 (1) .

- Néu A nim trén d thi A(t;-m-t) suyra:
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IA= \/t 1 +(t— 2+m) . Thay vao (1) :

:>\/t 1 +(t- 2+m) =3J2

o2t —2(m—1)t+m —4m-13=0(2). Bé trén d co

dung 1 diém A thi (2) c6 dung 1 nghiém t, tir d6 ta co diéu

kién : Az—(m2 +10m+25)=0<:>—(m+5)2 =0=m=-5 Khidé (2) c6 nghiém kép la:
m-1 -5-1

=t,=t,=——=—-—=-3=A(-3;8
b=t =t =——=——="3=A(-38)

Bai_16 Trong mit phang toa 46 Oxy cho hai duong thang (dy) : 4x - 3y-12=0va(dp): 4x +3y-12=0.
Tim toa d6 tAm va ban kinh dudng tron noi tiép tam giac cd 3 canh nam trén (ds), (d,), truc Oy.

4x-3y-12=0

A(3;0) e Ox
4x+3y-12=0
- Vi (BC) thugc Oy cho nén goi B la giao cua d, vai Oy : cho x=0 suy ra y=-4 , B(0;-4) va C la giao cua
d, véi Oy : C(0;4) . Chting t6 B,C ddi xting nhau qua Ox , mat khac A nam trén Ox vi vay tam giac ABC
1a tam giac can dinh A . Do d6 tam I duong tron noi tiép tam giac thuoc Ox suy ra 1(a;0).
IA_AC _5 IA+10_5+44 OA_9

Huoéng dan: - Goi A la giao cia d,,d, = A {

- Theo tinh chat phén giac trong : -= = & —==
10 AO 4 10 4 IO 4
=10= 40A 4—3:ﬂ Conghlalal(— 0)
9 9 3
AB+BC+CA 5+8+5
- Tinh r bang céch : S—EBCOA—ES?) = 1( el ):1( o ):>r 18 §
2 2 2 2 r 2 r 15 5

Bai 17 Trong mit phing Oxy , cho hai duong tron: (C,): x*+Yy? =13 va (C,):(x—6)" +y? =25 cft
nhau tai A(2;3).Viét phuong trinh duong thang di qua A va cét (C,),(C,) theo hai day cung c6 do dai bang

nhau ~
Huwong dan:

- Tugia thiét : (C,):1=(0;0),R=+13.(C,);J(6;0),R'=5

. , . ) ~ X=2+at
- Goi duong thang d qua A(2;3) c¢6 véc to chi phuong u=(a;b)=d: y=3+bt
=3+
X=2+at 2at 3
-dcét (C,) tai A,B: <1 y=3+ht @[(az+b2)t2+2(2a+3b)t}=0—>t=—?;bz
a’+
x> +y?=13

b(2b-3a) a(3a—2b .
= B( (a2 o7 ); (82 o2 )j Tuong ty d cat (C,) tai A,C thi toa d6 cua A,C 1a nghiém cua hé :
+ +

X=2+at

&y =3+Dbt —t=

(x-6)" +y?=25
- Néu 2 day cung bang nhau thi A 1a trung diém cua A,C . Tir d6 ta c6 phuong trinh :
X=2
y =3+t

2(4a-3p) 10a’ —6ab+2b*  3a* +8ab —3b?
ﬁQC 2 2 ’ 2 2
a‘+b a‘+b a-+b

a=0-;d:
(20°—3ab) 10a? —6ab+ 2b? {

T + R =4 6a°-9%ab=0<

a:§b—>ﬁ:(§b;bj//§':(3;2)
2 2
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X=2+3t .
Suyra: —»d :{ 342" Vay co6 2 duong thang : d: x-2=0 va d": 2x-3y+5=0
y=3+
Bai_18 Trong mat phang voi hé toa do Oxy, cho diém E(-1;0) va duong tron
C(CxP+y —8x—-4y-16=0. o
Viét phuong trinh duong thang di qua diém E cat ( C ) theo day cung MN c¢6 d¢ dai ngan nhat.
Huwong dan: - (C):(x—4)" +(y—2)° =36=1(4;2),R=6
- Nhan xét : P/(M,C)=1+8-16=-7<0 suy ra E nam trong (C)
e e 2 L, , ~ x=-1+at
- Goi d 1a dwong thang qua E(-1;0) c6 véc to chi phwong u=(a;b)=d :{y bt
- Buong thang d cit (C) tai 2 diém M,N c6 toa do la nghiém cua hé :
X=-1+at

o{y=ht — (@’ +b?)t* —2(5a+2b)t-7=0. (1)

(x—4) +(y-2)" =36
- Goi M(-1+at;bt),N( -1+at’;bt") vai t vat' Ia 2 nghiém cua (1). Khi d6 d6 dai cua day cung MN

2
= o (=t 07 (t—t) =|t—t|Ja +7 = ZJ_F 2+/18a2 + 20ab +11b

Ja? +b?
2
18+ 20 b +11 b >
a a 18+ 20t +11t
&2 |/

1+(bj2 1+12
a

- Tinh dao ham f'(t) cho bang 0 , 1ap bang bién thién suy ra GTLN cuat, tir d6 suy ra t ( tic 1a suy ra ty sé
a/b ) ). Tuy nhién cach nay dai )

* Chu y : Tasu dung tinh chat day cung ¢ 16p 9 : Khoang céch tir tam dén day cung cang nho thi day cung
cang lon ” ’

- Goi H la hinh chiéu vudng goc cua I trén dudng thang d bat ky qua E(-1;0). Xét tam giac vubéng HIE (I 1a
dinh') ta luon c6 : IH? = IE* —HE® < IE? = IH <IE. Do d6 IH l6n nhat khi HE=0 c6 nghia 1a H tring véi
E . Khi @6 d cat (C) theo day cung nho nhat . Luc nay d 1a duong thang qua E va vubng géc véi IE cho nén
d c6 véc to phap tuyén n = 1E =(5;2), do vay d: 5(x+1)+2y=0 hay : 5x+2y+5=0 .

Bai 19 Trong mat phing Oxy, cho duong tron (C): x* +y* — 6x + 2y — 15 = 0. Tim toa d¢ diém M trén
duong thang d: 3x — 22y — 6 = 0, sao cho tr diem M ke duoc t6i (C) hai tiep tuyen MA, MB (A, B la cac
tiep diém) ma duong thang AB di qua diém C (0;1).
Huwong ddn: - (C): (x—3)2 +(y+1)2 =25,¢01(3;-1)
vaR=5.

- Goi A(X;Y;),B(%,;Y,) 122 tiép diém cua 2 tiép tuyén
kéta M.

- Goi M(X,; Y, ) €d = 3%, —22y, -6 =0 (*)

- Hai tiép tuyén cua (C) tai A,B c6 phuong trinh 14 :

- (% =3)(x=3)+(y, +1)(y+1)=25 (1) va:

- (% =3)(x=3)+(y, +1)(y+1)=25 (2)

- D¢ 2 tiép tuyén tré thanh 2 tiép tuyén ke tir M thi 2
tiep tuyen phai di qua M ;

- (% =3)(%—3)+ (v, +1) (Y, +1)=25 (3) va

- (% =3) (% =3)+ (v, +1)(Y,+1)=25 (4)
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Tur (3) va (4) ching to (AB) ¢6 phuong trinh 1a @ (%, —3)(x—3)+(y, +1)(y+1)=25 (5)
- Theo gia thiét thi (AB) qua C(0;1) suy ra :
—3(x0 —3)+2(y0 +1) =25 -3x%,+2Yy,-14=0(6)

Yo =-1
, 3x, —22y,-6=0 0
- Két hop véi (*) taco hé : % Yo = 16<:>M(—E;—]
—3X%, +2Y,-14=0 X =3 3

0

Bai_20 Trong mp Oxy, cho duong tron (C): X% + y? — 6x + 2y + 6 = 0 va diém P(1;3).
a.Viét phuong trinh cac tiép tuyén PE, PF cua duong tron (C), véi E, F 1a céc tiép diém.
b.Tinh d|¢~n tich tam giac PEF.

Hwong dan: - (C):

(x=3)" +(y+1)’ =4=1(3-1),R=2 P(1;3)

- Gia sir duong thiang qua P ¢ véc to phap tuyén
ﬁ(a;b):> d:a(x—1)+b(y-3)=0

Hay : ax+by-(a+30)=0 (*). F
- be d la tiep tuyen cua (C) thi khoang cach tur
tam I dén d bang ban kinh :

|3a b—a— 3b| |2a 4b| }
JaZ +b? x/a +b?

<:>(a—2b) =a’+b? < 4ab-3b*=0

b=0—>a(x-1)=0«>x-1=0

<b(4a-3b)= 4 4
b:5a—>a(x—1)+§a(y—3):O<—>3x+4y—6:0

-Taco: PI=2/5, PE=PF=+/PI2—R? =\[20—4 = 4.

Tam giac IEP dong dang véi IHF suy ra :

IF_EP_IP_ zf o moF_2 gy EP_4
IH EH IE J5 5’ NGNS

1 18 8 32
PH =PIl —IH =25- Sgpe =—EFPH=>——=—="—
= 5 EE S T I EE s

Bai 21 Trong mpOxy, cho 2 duong thang dy: 2x +y — 1 =0, dz: 2x — y + 2 = 0. Viét pt duong tron (C) c6
tdm nam trén truc Ox dong thoi tiep xuc vai d; va d,.

~ _ ) L ‘ . . [h(1,d;)=h(l,d,)
Huwong dan: - Goi 1(a;0) thuoc Ox . Néu (C) tiep xdc vai 2 duong thang thi : H

,d)=R
2a-1 |2a+2|()
f \F . o1 . . _\/g . 1)2 , 5
_|2a—]4 (2) .Tu(l).a—z,thayvao(Z).R_E@(c)_(x_zj Ty -
-5

Bai_22 Cho dudng tron (C): X* + y? — 2x — 4y + 3 = 0. Lap pt dudng tron (C*) d6i xang véi (C) qua dudng
thing A: x —2 =0
Huwéng ddn: Tacd (C): (x—1)° +(y-2)" =2 1(L2),R=+2
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D —————
- Goi J la tdm cua (C'") thi I va J do6i xtrng nhau qua d : x=2 suy ra J(3;2) va (C) c6 cung ban kinh R . Vay
(C): (x=3)" +(y—2)" =2 ddi xang véi (C) quad .
Bai 23 Trong mit phang véi hé toa do Oxy, cho dudng thang d: x +y — 3 =0 va 2 diém A(L; 1), B(-3; 4).
Tim toa d¢ diem M thuge duong thang d sao cho khoang cach tir M dén duong thang AB bang 1.
Huwong dan: - M thugc d suy ra M(t;3-t) . Buong thang (AB) qua A(1;1) va cé véc to chi phuong
u :(4;—3):>(AB):XT_1:y—;1<:>3x+4y—4:0

|3t +4(3—-t)—4|
5

- Theo dau bai :

=l |-t+8 =5

t=3—M(3;0)
=
t=13— M (13;-10)
*Chuy: , ‘
buong thang d' song song vai (AB) c6 dang : 3x+4y+m=0 . Néu d' cach (AB) mot khoang bang 1 thi

h(Ad)=1 < [B+a+m| 1

m=-2—->d":3x+4y-2=0 L \ .
. Tim giao cua d' véi d ta tim dugc M .

=
m=-12—>d":3x+4y-12=0

Bai 24 Trong h¢ tryc Oxy, cho duong tron (C): x*+y* -8x+12=0 va diém E(4;1). Tim toa d¢ diém M trén
truc tung sao cho tir M ke dugc 2 tiep tuyen MA, MB den (C), vei A,B la cac tiep diem sao cho E thude
duong thang AB
Huwong dan: - Buong tron (C) :
(x—4)" +y*=4=1(2,0),R=2 y
- Goi M(0;2) thugc Oy . A(x;; Y, ), B(%,;¥,)€(C)
- Tiép tuyén tai A va B c6 phuong trinh 13 :
(%, —4)(x=4)+y,y=4,(x,—4)(x-4)+y,y=4
- Pé thoa man 2 tiép tuyén nay cuing qua M(0;a)
< (x-4)(0-4)+ya=4,(x,-4)(0-4)+ya=4 .
Chung to (AB) c6 phuong trinh : -4(x-4)+ay=4
- Néu (AB) qua E(4;1) : -4(0)+a.1=4 suy ra: a=4
Vay trén Oy c6 M(0;4 ) théa man .
Bai_25 Viét phuong trinh dudng tron (C ) ¢6 bén kinh R = 2 ti€p xtic véi truc hoanh va ¢6 tim I ndm
trén dudng thing (d) : x +y -3 =0. ’ , ,
Hwong dan: - Tam I nam trén d suy ra I(t;3-t) . Néu (C) tiép xdc véi Ox thi khoang céch tur I dén Ox
3-t=-2 [t=5-1,=(5-2)

3-t=2 t=1-1,=(12)
- Nhu véy ¢6 2 duong tron : (C,): (x—5)2 +(y+2)2 =4,(C,): (x—l)2 +(y—2)2 =4,
Bai_26 Trong mit phing Oxy cho dudng tron (C) ¢6 phuong trinh :

X +y —2x -6y +6=0.
a. Vi€t phuong trinh dudng thing di qua M(2 ; 4) cit dudng tron (C) tai 2 diém A, B sao cho M 14 trung
di€m doan AB.
b. Viét phuong trinh ti€p tuyén ctia (C) sao cho ti€p tuyén 4y song song v6i dudng thing c6 phuong trinh
:2x+2y-7=0.

béng ban kinh R=2: [3—t|=2 c{
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c. Ching t6 dudng tron (C) va dudng tron (C ) : X2+ y2 — 4x — 6y + 4 = 0 ti€p xiic nhau. Vi€t phuong
trinh ti€p tuyé&n chung cla ching tai ti€p di€m

Huong din: - (C): (x-1)"+(y-3) =4=1(13),R=2.

a. Goi A(x;y) thudc (C) suy ra (x—1)"+(y—3)" =4(1), B ddi xung véi A qua M suy ra B(4-x;8-y) . Dé
dam bao yéu cau bai toan thi B thudc (C) : (3—x)* +(5-y)" =4(2).

(x—l)2 +(y—3)2 =4 @{Xz +y?—2x—6y+6=0 (3)

(3—x)2+(5—y)2:4 X* +y?—6x-10y +30=0(4)

- Lay (3) -(4) ta c6 phuong trinh : 4x+4y-24=0, hay : x+y-6=0 . D6 chinh la dudng thang can tim .
b. Goi d' 1a duong thang // vai d nén no cé dang : 2x+2y+m=0 (*) . Dé d' la tiép tuyén cua (C) thi :

-Tuw (1) va(2)tacdhé: {

=42 -
(1) =2 g avz | " V2-8
8 m=—-42-8
c. (C): (x=2)+(y-3)'=9=1'(23),R'=3
-Tacd: II'=1, R-R=1. Chung té hai dudng tron tiép xuc trong véi nhau .

=2X+2=0=x=-1.

o x—1)+(y=3=4  (x24+y?—2x—6y+6=0
-Timtoadétiépdiém:{( ) +(y=9) @{ y y

(x=2) +(y-3)°=9 [X'+y*—4x—6y+4=0

Thay vao phuong trinh dau cia hé : y> —6y+9=0 <:>(y—3)2 =0>y=3=M(13).

- Tiép tuyén chung qua M va vudng goc véi 1J suy ra d': 1(x-1)=0 hay : x-1=0.

Bai_27 Trong mit phing Oxy cho (E) ¢6 phuong trinh : 4x* + 9y* = 36.

a.. Cho 2 dudng thing (D) : ax —by =0 va (D’) : bx + ay = 0 (a> + b> > 0). Tim giao diém E, F ctia (D)
vdi (E) va giao diém P, Q ctia (D’) véi (E). Tinh dién tich t& giac EPFQ theo a, b.

b. Ching minh ring MPFQ ludn ngoai tiép mot dudng tron cb dinh ? Viét phuong trinh duong tron c¢b dinh
do.

c. Cho diém M(1 ; 1). Vi€t phuong trinh dudng thing di qua M va cit (E) tai hai diém A, B sao cho M 1a
trung diéry ctia doan thing AB

Hwong dan: a. Hai duong thang (D) va (D) vudng goc nhau .

by ’ 2
4x°+9y —36:> a
ax-by=0 by

X=—
a

- (D) giao voi (E) tai E,F c6 toa do la nghiém ctaa hé : {

( 6b 6a ] ( b -6a j
j— E y ) F ’
J9a? +4b?  \/9a? + 4b? \9a? +4b? \/9a? + 4b?

by ’ 2
4 +9y" =36 _ 4(‘;} +9y" =30

ax+by=0 . by
a

- Tuong tu (D') cét (E) tai P,Q véi toa do 1a nghiém: {

[—6b_6a][6b_—6aj

=P ; ,Q ;

J9a2 +4b? \9a? +4b? ) "\ \9a® +4b? \/9a® +4b’

- Tinh dién tich tam giac EPFQ ;

Bai 28 Trong mit phing toa dd Oxy, cho ho dudng thing phu thudc tham s& o :
(x—1)cosa + (y — 1)sinab—1=0

a. Tim tip hop cdcdiém ctia mit phing khong thudc bat ky dudng thing nao cia ho.
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b. Chitng minh moi dudng thing ctia ho déu ti€p xic véi mot dudng tron cd dinh.
Hueéng ddn:  b. Goi 1(X,;Y,) 1a diém cé dinh . Khoang cach tir I dén d c6 giatri 13 :

(%, ~1)cosar+(y,-1)sina 1| _ |- :1©{x0 -1=0 @{xo =1

=1(31)
\Jsin? a +cos’a 1 Y,—1=0 =1
- Vi két qua trén chang to d ludn tiép xuc véi dudng tron (C) c6 tam | va béan kinh bang 1 ( Khéng phu
thudc vao « . (C): (x—l)2 +(y—l)2 =1

f—

Bai 29 Cho hai diém A(1;1), B(4;-3) va duong thang d : x-2y-1=0.

a. Tim toa d6 diém C trén d sao cho khoang cach tir C dén duong thang AB=6( DPHKB-04)
b. Tim toa dd truc tam va tdm duong tron ngoai tiep tam giac OAB ?( DHKA-2004)
Huwong dan:

a/ (AB) qua A(1;1) c6 a=E=(3;—4):>(AB):XT_1=V—;1©4X+3y—7=o

[4(2t+1)+3t—7|

- C thugc : x-2y-1=0 suy ra C(2t+1;t ) do d6 : 6= 11t -3)=30
t=3-C,(7;3)
=
-
11 11" 11

b/ - Buong 7théng qua O vudng goc vai AB c6 phuong trinh : 3x-4y=0.
- Buong thang qua B va vudng goc véi OA c¢6 phuong trinh : (x-4)+(y+3)=0.
- buong thang qua A va vudng goc véi OB c¢6 phuong trinh : 4(x-1)-3(y-1)=0

hay : 4x-3y-1=0
- Vay toa d6 truc tdm H la nghiém :
3x-4y=0 3x—4(1-x)=0 |,_2
7 4 3
S X+y-1=0 < y=1-x = 3:>H 7737
4x-3y-1=0 4x-3y-1=0 y=-

- Gia str duong tron ngoai tiép tam giac (C): x* +y? —2ax—2by+c =0
- (C) qua O(0;0) suy rac=0 (1)

- (C) qua A(1;1) suy ra: 2-2a-2b=0, hay : a+b=1 (2)

- (C) qua B(4;-3) suy ra : 25-8a+6b=0, hay : 8a-6b=25 (3)

o 3 [ 17
a+b=1 b=1-a T 14 T 14

_Tir (2) va (3) ta co hé : o o 144 14
8a-6b=25 [8a-6(-a)=25 | _31 L3

14 14

-Vay (C) : x2+y2—371x+%y=0

Bai_30 Trong mit phang Oxy cho diém M(2;-1) va duong tron (C,): x* +y* =9 (1) .Hay viét phuong
trinh duong tron (C, ):c6 ban kinh bang 4 va cit duong tron (C,) theo day cung qua M ¢6 do dai nho nhat

Huéng din:  Goi (C,):c6 tam I'(a;b) suy ra :
(CZ):(x—a)2 +(y—b)2 =16 < x*+y’—2ax—2by+a’+b*-16=0(1)
LAy (1) -(2) ta dwoc : 2ax+2by —(a’ +b*)+7 =0 ( chinh la dudng thing truc dang phuong )

Day cung cua hai dudng tron nam trén duong thang nay .
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Vi day cung qua M(2;-1) Ién ta co : 4a—2b—(a2 +b2)+7 =0 (a—2)2 +(b+1)2 =12

Bai_31 . Trong mat phang véi hé toa d6 Oxy cho hai duong thang A : x+3y+8=0, A":3x—4y+10=0va
diém A(-2 ; 1). Viét phuong trinh duong tron ¢ tam thuoc duong thang A, di qua diém A va tiép xtc véi
duong thang A°.

Huwong dan: Tam I cia duong tron thuéc A nén I(-3t — 8; t)

. . 3(-3t-8)—4t+10
Theo yc thi k/c tir [ dén A’ bang k/c IA nén ta co | ( \/ 2) - |=J(—3t—8+ 2)° +(t-1)°
3 +4

Giai tiép dugc t = -3

Khi d6 I(1; -3), R =5 va pt cn tim: (x — 1)° + (y + 3)* = 25.

Bai_32 . Trong mat phang véi hé toa @ Oxy cho duong tron hai duong tron :

C):X*+y* —2x —2y +1 =0, (C"):x*+ y*+4x—5 = 0 cung di qua M(1; 0).

Viét phuong trinh duong thang qua M cit hai duong tron (C), (C') lan luot tai A, B sao cho MA= 2MB.
Huwdéng dan:  + Goi tam va bén kinh cua (C), (C) lan luot 12 1(1; 1) , I'(-2; 0) va R=1, R'=3, duong
thang (d) qua M c6 phuong trinh a(x—1)+b(y—0) =0 <> ax+by—a=0, (a?+b? = 0)(*).

+ Goi H, H’ lan luot 1a trung diém cia AM, BM.

Khi do ta co: MA=2MB <> \IA2 —IH2 =2y I'A*—1'H 2 = 1-(d(1:d))° =4[9—(d(1'd))],
IA>IH.

9a? b? 36a’ —b?
< Aa(d(1d)) =(d(1:d))* =35 < 4. - =350~ _35&5a2 =36b2
( ( )) ( ( )) a2+b2 a2+b2 a2+b2
~ a=-6
Dé thay b =0 nén chon bzlz{ 9 6"

Kiém tra diéu kién IA> IH rdi thay vao (*) ta c6 hai duong thang thoa m an.
Bai_33 . Trong mat phing vai hé toa do Oxy, cho duang tron (C): X + y* - 2x - 2my + m? - 24 = 0 ¢6 tam
I va dudng thang A: mx + 4y = 0. Tim m biét duong thang A cit duong tron (C) tai hai diém phan biét A,B
thoa man dién tich tam giac IAB bang 12.
Huwong dén:

Puong tron (C) c6 tdm 1(1; m), ban kinh R = 5.

Goi H 1a trung diém cua day cung AB.

Ta c6 TH 1a duong cao cia tam giac IAB.

IH = d(I A):|m+4m|: |5m |
Jm2+16  m? +16 A
AH = JTATTH7 = [p5- OM° ___20 AN_H 8

M +16  Jm? +16
Di¢n tich tam giac IAB Ia S,z =12 < 2S,,,, =12
m =43

& d(1,A).AH =12 < 25| m |= 3(m? +16) < 16
Bai 34 . Cho duong tron (C): x* + y? —2x + 4y + 2 = 0.
Viét phuong trinh dugng tron (C') tam M(5, 1) biét (C') cét (C) tai céc diém A, B sao cho AB=+/3.
Hwong din:
Phuong trinh dudng tron (C): x2 + Y2 — 2x + 4y + 2 = 0 ¢ tam I(1, -2) R=+/3
Duong tron (C') tdim M cat duong tron (C) tai A, B nén AB L IM tai trung diém H cia doan AB.
Taco AH=BH=%=§
Goi A'B' 1a vi tri thir 2 cia AB, Goi H' 1a trung diém cua A'B'
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2
Taco: IH'=IH =IA” - AH® = ’3-(%) :%, MI=\(5-1) +(1+2) =5

Vay ¢6 2 duong tron (C') thoa yebt 1a: (x —5)? + (y — 1)* = 13 hay (x — 5)* + (y — 1)* = 43

Bai_35 Trong (Oxy) cho duong tron (C): x* +y° :g va (P):y? =x. Tim trén (P) cac diém M ma tir d6

ké duoc 2 tiép tuyén dén (C) va 2 tiép tuyén do6 tao vai nhau mot goc 60°
Huong ddn: Goi M(Xy;Y,) € (P)= Y =X, . d 1a duong thang tiép tuyén ctia (P) tai M thi d c6 phuong

trinh @ y,y =%(x+ Xo) <> X—2Y,Y + %, =0. Dé d la tiép tuyén ké tir M dén (C) thi diéu kién can va du la:

Bai_36_Trong (Oxy) cho d. thang d: 3x-y+5=0 va duong tron (C): x*+y? +2x—6y+9=0. Tim diém M
thude (C) va diém N thudc d sao cho MN ¢ do dai nho nhét ?

Huweng dan: (C) :(x+1)"+(y—3)° =1=1(-13),R=1

- Goi d' //d thi d": 3x-y+m=0 . d' tiép xc véi (C) tai M ( M la diém cach d nho nhit ) , khi d6 :

o 3-8em Mm=6+10 > d':3x—y+6++10=0

h(l;d")=R l<:>|m—6|:\/l_0:>

J10 m=6—«/1_0—>d':3x—y+6—«/1_0:0
Gia s N' thuoc d ta lun c6 : M,N'>M,N . Dau bang chi g xay
ra khi N' tring véi N . Vay ta chi can Iap duong thang A M qua
I(-1;3) va vudng goc véi d suy ra duong thang
X=-1+3t ) , L
A .Khi d6 A catd'tai2 diém:
y=3-t
1
3(~1+3t)—(3-t)+6+/10 =0 >t =—.
(-1+3)-(3-1) N
1
Va 3(-1+3t)—(3-1)+6-/10=0>t=———.
(-1+3)~(3-1) N,
Do vay ta tim dugc 2 diém M : M (i—rs—i) va
< ¥ ' 1 \/E d \/E '
3 1 . . .
M,| -1-—=;3+——|. Tuong tu A cat d tai N c0 toa d6 la nghiém :
( 0 Jl_oj ¢ ’
X=-1+3t . _—
y=3-t :>t=E<:> N(—E;Ej . Ta chon M bang cach tinh M,N,M,N , sau d6 so sanh : Néu
3X-y+5=0

M,N >M,N thiMIa M,.Con M,N <M,N thi M Ia M, .

Bai 37 Trong (Oxy) cho (C):(x+1)" +(y—3)" =1 va diém M [%9 Tim trén (C) diém N sao cho MN
c6 do dai 16n nhat ?

X =-1+sint

= N €(C)= N(-1+sint;3+cost)
y =3+cost

Huwong dan: (C) viét dudi dang tham s6 : {

2 2
Khi d6 : MN :\/(—gﬂintj +(—§+costj :\/sinzt+coszt—%sint—%cost+4
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2 2
=\/—Esmt—§cost+5 5—4(Esint+ECOStj (*) ME (Ej J{Ej .
: c 20 20 20/ \20

12 3.
Ccosp = —:Sinp=—= th| *) tro thanh ; /5—-4sin(t+@)<+5-4=1
= cosp = =Cising=1 (*) tro J (t+p) <+

Déu dang thic xay ra khi : Sin(t+go) —lot= —(p+§+ k27

. . (7 3 . 3 2
Dovay: sint=sin| ——¢@ |=cosp=— < Xx==-1+sint=-14+—=——
y (2 (pj o= 3.2

Tuong tu : cost:cos(z—(pj =singp = 4 = y=3+ cost:3+ﬂ =§:> N (——;—)
2 5 5 5

Bai 38 Trong (Oxy) cho hai diém A(zﬁ; 2), B(Z\ﬁ; —2)

a/ Ching to tam giac OAB 1a tam giac déu

b/ Chiing minh rang tap hop cac diém M sao cho : MO? + MA? + MB? =32 1a mot duong tron (C).

¢/ Chiing t6 (C) la duong tron ngoai tiép tam giac OAB.

~ 2 \

Huong ddn: a/ Taco: OA= (2\5) +22 =4,0B=4, AB =4. Chung to OAB la tam gic déu .

b/ Goi M(x;y) thi dang thuc gia thiét cho twong duong vai biéu thic :

Taco: MO? = X% + Y%, MA? = X% + y2 —4[3x— 4y +16, MB? = x* + y* — 4/3x + 4y +16

:>MOZ+MA2+MBZ=32c>3x2+3y2—8«/§x+32=32<:>x2+y2—ix 0
(x-i} 2 (?] Chung t6 1a duong tron (C) cé tam I[A“/_ JR—4\3/_

¢/ Thay toa d6 O,A,B vao (1) ta thiy thoa mén , chiing to (C) 1a dudng tron ngoai tiép tam giac OAB.
Bai_39 Trong mit phing toa d6 Oxy cho duong tron (C): z® +y* =1, duong thang (d): z+y+m=0.
Tim m dé (C)cat (d) tai A va B sao cho dién tich tam giac ABO 16n nhit.

Huwdng ddn: *(C) c6 tam O(0;0) , ban kinh R=1 *(d) cat (C) tai hai diém phan biét < d(O;d) <1

*Taco S,z = %OA.OB.sin AOB-= %.sin AOB< %Tir do dién tich tam giac AOB I6n nhat khi va chi

khi AOB=90° < d(I:d)=—— < m=+1

J2
Bai_40 Trong mit phing véi hé toa do Oxy, cho dudng tron (C) c6 phuong trinh: X2 + y? +44/3x—4=0.
Tia Oy cit (C) tai A. Lap phuong trinh duong tron (C’), ban kinh R” = 2 va tiép xic ngoai véi (C) tai A.
X= 2\/§t

, e lA =>T(
y=2t+2

Huwéng ddn: A(0;2), 1(-2+/3 ;0), R= 4, goi (C’) c6 tim I’ Pt duong thing IA : {
—_— —_ 2

23t:2t+2), Al =21 'A< t =%=> 1'(\/3:3) (C): (x—\/§) +(y-3) =4

Bai 41 Cho duong tron (C): X* +y* —2x — 6y + 6 =0 va diém M (2;4)

@) Viet phuong trinh duong thang di qua M cat duong tron tai 2 diém A va B, sao cho M la trung

diem cua AB. ’ ) o ) ’

b) Viét phuong trinh cac tiep tuyen cua duong tron, biet tiep tuyen c6 he so goc k = -1.

Huwoéng ddn: a. (C): 1(1; 3), R=2, A, B €(C), M 1a trung diém AB => IM L AB => Puong thang d can

tim 1a dg thing AB; d di qua M ¢6 vecto phap tuyén 13 IM =>d: X +y - 6 =0
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b. Pg thang tiép tuyén co dang 1y =-x+m <> x +y—m =0 (d’)d’ tiép xdc véi (C)<=d(l;d)=R=2

m=4+22 . . X+y—-(4+242)=0

= V2 Pt tiep tuyen : y=( \F)
m=4-22 x+y(42f)0

Bai_42 Trong mét phang véi hé toa do Oxy, cho du:ong tron (C) X2 +y?-2x-2my +m?-24=0c6 tam |

va duong thang A: mx + 4y 0. Tim m biét duong thang A cit duong tron (C) tai hai diém phan biét A,B

thoa man di¢n tich tam giac IAB bang 12.

Huwdng dan: Buong tron (C) o tam 1(1; m), ban kinh R = 5.

Goi H 1a trung diém cua day cung AB.

Ta c6 IH la duong cao cua tam giac 1AB.

IH = d(I A)_|m+4m|_ |5m |
’ Jm2 +16  «m? +16 A
_(Gm® 20

>
é
@

2 2
AH =+IA" —IH" =,|25 m2+16_m
Di¢n tich tam giac IAB la S,z =12 < 2S,,,, =12
m=+3

< d(1,A).AH =12 < 25| m|= 3(m® +16) < - 16
3

Bai_43 Viét phuong trinh duong tron di qua hai diém A(2; 5), B(4;1) va tiép xdc véi dudng thang co

phuong trinh 3x -y + 9 =0.

Hugng ddn: Goi | (@;b)1a tam duong tron ta c6 he

IA=IB (2-a) +(5-b) =(4-a)" +(1-b)" @
o @-a) -0 - g

(1)< a=2b-3 thévao (2)taco b* —12b+20=0<b=2vb=10
F)V6i p=2=a=1R=10=(C):(x—1) +(y—2)' =10
*)V6i b=10=>a=17;R=+/250 = (C):(x~17)’ +(y-10) =250
Bai_44 Cho dudng tron (C): x* + y* — 2x + 4y + 2 = 0. Viét phuong trinh dwong tron (C') tam M(5, 1) biét
(C') cit (C) tai cac diém A, B sao cho AB=+/3.
Huong dén: Phuong trinh duong tron (C): x% +y? — 2x + 4y + 2 =0 ¢6 tam I(1, —2) R =+/3
Puong tron (C') tam M cat duong tron (C) tai A, B nén AB L IM tai trung diém H ciia doan AB.

AB 3

Taco AH=BH= - = C6 2 vi tri cho AB ddi xung quatam 1. Goi A'B' la vi tri thir 2 ciia AB ;

Goi H' 14 trung diém cia AB'; Taco: TH'=TH = IA? — AH® = /

Taco: M= \/5 1) +(1+2)" =5va MH = MI-HI = 5.2 - Z’ _MI+HT=5+2=2
2 2 2 2
Tacd: R;=MA?=AH>+MH’ = 3,245
PR
R2 =MA? = A'H?+MH? = > 4 199 _ 112 —43

Vay ¢6 2 dudng tron (C') thoa yebt 1a: (x — 5)% + (y — 1)* = 13
hay (x — 5) + (y — 1) = 43
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Bai 45 Trong mat phang véi hé toa do Oxy cho dudng tron (C) c6 phuong trinh (x-1)* + (y+2)* =9 va
duong thang d: x + y + m = 0. Tim m dé trén dudng thing d c6 duy nhit mot diém A ma tir d6 ké duoc hai
ti€p tuyén AB, AC t6i dudng tron (C) (B, C 12 hai tiép diém) sao cho tam gidc ABC vuong.

Huwéng din: Tix phuong trinh chinh tic ctia dudng tron ta c¢6 tam I(1;-2), R = 3, tir A ké duoc 2 tiép tuyén

AB, AC t6i duong tron vd AB L AC => tif gidc ABIC 1a hinh vuong canh biang 3= IA= 32

Im-1 m=-5

<:>\/E 3\/§<:>|m]4 6<:>m .

Bai_46 Trong mit phing toa d6 Oxy cho hai dudng thang (d1) :4x-3y-12=0va(dy): 4x +3y-12=0.
Tim toa do tAm va ban kinh dudng tron ndi tiép tam giac c6 3 canh nam trén (dy), (d,), truc Oy.

Huwdng ddn: Goi A 1a giao diém d; va d, ta cd A(3 ;0) ;Goi B 1a giao diém d; véi truc Oy ta c6 B(0 ; - 4)

Goi C 1a giao diém d véi Oy ta c6 C(0 ;4) ; Goi BI 1a duong phan giac trong goc B véi | thude OA khi d6

tacd 1(4/3;0), R =4/3

Bai_47 Cho diém A(-1 ;0), B(1;2) va duong thang (d): X - y - 1 = 0. Lap phwong trinh dudng tron di qua 2
diém A, B va tiép xtc voi duong thang (d)

Huwong dén: Gia sir phuong trinh can tim 1 (x-a)° + (x-b)* = R?

Vi duong tron di qua A, B va tiép xdc véi d nén ta c6 hé phuong trinh

(1+a)>+b* =R’ a=0
(1-a)’+(2-y)?=R? < {b=1 Vayduong tron can tim 1&: x* + (y - 1)* = 2
(a—b-1)* =2R? R?=2

Bai_48 Viét phuong trinh tiép tuyén chung cua hai dudng tron :
(C): (X-5)°+(y+12)?=225va (Cp): (x—1)>+(y—2)*=25
Huwgng dan: Puong tron (Cy) b tam 13(5 ; -12) ban kinh Ry = 15 , Budng tron (Cy) ¢6 tam Ix(1 ; 2) ban
kinh Ry =5 . Néu duong thang Ax + By + C = 0 (A + B? #0) Ia tiép tuyén chung cua (Cy) va (C») thi
khoang cach tir Iy va I, dén duong thang d6 lan luot bang R; VAR, , tac 13
5A-12B+C|
E—_"-15 (1)

A’ +B? N 5 ) _
Ter(l)va(2)tasuyra: |[SA-12B+C|=3|A+2B+C|
|A+2B+C|

JA? 1 B? =5 (2)
Hay 5A-12B+C= +3(A+2B+C)
TH1:5A-12B+C=3(A+2B+C) =C=A - 9B thay vao (2) :
—14i10\ﬁB
21
Néu ta chon B= 21 thi s& duoc A =- 14 +104/7 , C = —203+10\7
Vay c6 hai tiép tuyén :(- 14 +10J7 )x + 21y —203+10J7 =0

TH2:5A-12B+C=-3(A+2B+C) = %”B thay vao (2) ta duoc : 96A% + 28AB + 51B*=0.

2A-7B|=5 VA*+B* =21A’+28AB-24B°=0=A=

Phuong trinh ndy vo nghiém . ( xong dé 420)
Bai_49 Trong hé toa d6 Oxy cho hai duong thang d :x+2y—-3=0va A:x+3y—5=0. Lap phuong

2,10

trinh duong tron ¢ béan kinh bang - c6 tam thudc d va tiép xdc véi A.

Huwéng ddn: Tam duodng tron thudc d nén cé dang | (—2a+3; a) Puong tron tiép xdc véi A nén

a-2
d(I,A)=R©u=@©a=6;a=—2
Jio 5
Voi a=6 tacd 1(—9;6) suy ra phuong trinh duong tron: (x+9)? +(y —6)? =§
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voi a=-2 taco 1(7;-2),suy ra phuwong trinh duong tron: (x—7)% +(y+2)? =
Vay c6 hai duong tron thoa man 1a: (x+9)° +(y —6)? =g va (x=7)* +(y+2)? =z
Bai_50 Trong hé toa d6 Oxy cho duong thing d : 2x—y —2 =0 va dudng tron C : (x—1)? + (y —1)* =10.
Lap phuong trinh cac tiép tuyén cia duong tron (C) biét tiép tuyén tao voi duong thang d mot goc 45°.
Huréng ddn: Pudng tron 6 tam | (L1) ban kinh R =+/10

Goi n(a,b) 1a vecto phap tuyén ciia tiép tuyén (a2 +b2 = 0),

vi dudng thang tao véi dudng thang d mot goc bang 45°nén == &

Ja?1b?.5 2

 [2a-b[ —b| 1 a=3b
a

Véi a=3b, phuong trinh tiép tuyén c6 dang 3x+ y +c =0(A)
4+c c=6
d(l;A)=R ©u=\/ﬁ<:{

V10 c=-14
Véi b =-3a, phuong trinh tiép tuyén c6 dang x—3y +c¢ = 0(A)

[-2+c| c=-8
d(l;A R —1-10
(154) J10 L:lz

Vay c6 bdn tiép tuyén can tim 1a: 3x+y+6=0; 3x+y—14 = O x—3y—-8=0; x—3y+12=0.
Bai 51 Trong mp véi hé truc toa do Oxy, cho duong tron (C): X2 + y2 6x — 2y + 5 =0 va duong thang(d):

3x +y—3=0. Lap phuong trinh tiép tuyén véi duong tron(C),biét tép tuyén khong di qua gbc toa do O va
hop vé6i duong thing (d) mot géc 45°

d(I,d) =5
Huwéng ddn: C) c6tam 1(3;1), R = 5 Tiép tuyén (4): ax +by +c=0 N7

cos(d,A) = -
==>A1:2x-y-10=0; Ay:x+2y—-10=0 ) i
Bai 52 Cho duong tron (C): x* +y* —6x — 2y + 1 = 0. Viét phuong trinh duong thing (d) di qua M(0;2) va
cat (C) theo mot déy cung c6 do dai | = 4
Hwong dan: di: 2x+y—-2=0;d:x-2y+4=0
Bai_53 Trong mit phang v6i hé toa dd Pécac vudng gbc Oxy, xét tam gidc ABC vudng tai A, phuong trinh
duding thing BC 1a «/3z —y — /3 = 0, cdc dinh A va B thudc truc hoanh va ban kinh dudng tron ndi ti€p
bang 2. Tim toa do trong tim G clia tam gidc ABC.
Huwéng dan: 11a tam duong tron ngoai tiép AABC ==>y=+2

Bl:y =tan30°(x — 1) ==>y = — ==> g =1+2J3.
J’ J’ 1
THI: Néu A va O khéc phia d6i v6i B = z, = 1+ 23. ==> A(3 + 243 ;0)

—c T+403 6+2V3
3 3
TH2:N&u A va O ciing phia d8i v6i B = z, =1 —2J3.==> A(—-1—-2/3
—43 -1 —6—23
== G|y T

Bai_54 Trong mit phang véi hé toa dd Oxy, cho tam giac ABC c6 A(4;6), phuong trinh cac duong thang
chira dudng cao va trung tuyén keé tir dinh C lan luot 14 2x—y+13=0 va 6x—13y+29=0. Viét phuong
trinh dwong tron ngoai tiép tam giac ABC .

Huwodng dan:
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- Goi duong cao va trung tuyén ké tit C 1a CH va

CM. Khi d6 -7;-1)
CH c6 phuong trinh 2x—-y+13=0,
CM c6 phuong trinh 6x—13y+29=0.

. 2X—y+13=0
- Tirhe = C(-7; -1).
6x—13y+29=0
ABLCH=n, =u, =(@12) . ; 5(8; 4)
o =Ug =1 2) aae) H  MES)
. X+2y-16=0
- Tir hé = M(6;5) ; = B(S; 4).
6x—-13y+29=0

Gia str phuong trinh duong tron ngoai tiép

AABC : X% + y? +mx+ny+ p=0.
Vi A, B, C thudc dudong tron nén

52+4m+6n+p=0 m=-4

80+8m+4n+p=0<n=56

50-7Tm-n+p=0 p=-72
Suy ra pt dudng tron: x? +y? —4x+6y—72=0 hay
(x—2)%+(y+3)* =85.
Bai 55 Trong mit phang véi hé toa o Oxy , cho duong tron (C ) ¢6 phuong trinh x? + y? +2x—4y —8=0
va duong thang (A) c6 phuong trinh : 2x —3y —1=0. Chitng minh rang (A ) ludn cit (C) tai hai diém
phan biét A, B . Tim toa d6 diém M trén duong tron (C ) sao cho dién tich tam gidc ABM 16n nhit.
Huéng ddn: Duong tron (C) ¢o tam 1(-1; 2), ban kinh R = /13.

9 <R . Vay duong thang (A) cat (C) tai hai diém A,

1

B phan biét. Goi M la diém nam trén (C), tac6 S,,q, = > AB.d 4

Khoang cach tir I d&én duong thang (A) 1a d

Trong d6 AB khong ddi nén S, ,;,, 16n nhat khi Aoy l6N nhat.

Goi d 1a dudng thang di qua tam I va vudng goc voi (A).PT duong thang d 1a3x + 2y -1=0
Goi P, Q la giao diém cta duong thang d voi duong tron (C). Toa d6 P, Q la nghiém cua hé phuong trinh:

X*+y*+2x—-4y—-8=0 x=Ly=-1 ) 4 29
< = P(1;-1); Q(-3;5); Tacd dp,y =——; dg, =——
{3x+2y—1:0 {x:—3,y:5 ( ) Q( ) (P.A) \/E (Q.A) \/E

Tathdy d, ,, 16n nhét khi va chi khi M triing véi Q. Vay toa do diem M (-3; 5).

Bai_56 Trong mit phang véi hé toa d6 Oxy, cho duong tron (C): x? + y? —2x+4y+2 =0. Viét phuong
trinh duong tron (C ) tam M (5, 1) biét (C") cét (C) tai hai diém A, B sao cho AB =+/3.

Hudng ddn: Phuong trinh duong tron (C): x* + y* — 2x + 4y + 2= 0 ¢0 tam I(1, -2), bkR = V3

buong tron (C') tdm M cat duong tron (C) tai A, B nén AB L IM tai trung diém H cua doan AB.

Taco AH=BH=%=?

Goi Truong hop 1:
C0 2 vi tri cho AB doi xtting qua tam 1. Goi A'B' 1a vi tri thir 2 cua AB

2
Goi H' 14 trung diém ciia A'B'; Tacod: IH'=TH =+IA* - AH’ = /3—(?] =%
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Ta co: MI:\/(5—1)2+(1+2)2=5vé MH=MI—HI=5—%=%; MH'=MI+H'I=5+%=§
Ta co: R%:MA2=AH2+MH2=§+£=2=13
4 4 4
R%=MA'2=A'H'2+MH'2=%+$=%=43

Viy c6 2 duong tron (C') thoa yebt 1a; (x —5)° + (y — 1) =13 hay (x—5)°+ (y—1)*=43

Bai_57 Trong mit phang vai hé toa ¢o Oxy cho tam giac ABC c6 tam duong tron ngoai tiép 1(4;0),
duong cao va dudng trung tuyén ké tir A c¢6 phuong trinh lan luot 1a X+y—2=0va X+2y—-3=0.
Tim toa do cac dinh A, B, C.

= ALD).

- . . X+y—-2=0 x=1
Hwong dan: Toa d6 A la nghiém cua hé

=
X+2y-3=0

Goi M 1a trung diém cua BC.

Do I 13 tam duong tron ngoai tiép AABC

—=IM LBC=IM//AH =n,, =n,, =L1)

Pt duong thang IM 13 1(x—4) +1(y—0) =0 < x+y—-4=0.

Do M 1a trung diém cua BC nén M thudc trung tuyén ké tir A =
X+y—-4=0

Toa do M la nghiém cua hé = M(5;-1).
X+2y—-3=0

BC L AH =n,. =u,, =(L1).
PtBC 12 1(x—5)~1(y +1) =0 <> x—y—6=0.Taco IA=./(1-4)’ +12 =10
Phuong trinh dudng tron ngoai tiép tam giac ABC la (x —4)* + y* =10.

—4) + % = Xx=3 X=7
(x=4)"+y" =10 & hoac .
X-y-6=0 y=-3 y=1
Vay B(3;-3) thi C(7;1), hoac B(7;1) thi C(3;-3)

Bai_58 Trong mit phing toa do Oxy cho dudng tron (C) ¢6 phuong trinh X* + y? —2X+4y—20=0. Tir diém M

(2; 4) ké céc tiép tuyén dén duong tron (C), goi céc tiép diém 1a T,va T,. Viét phuong trinh dudng thang T, T,.
Huwdng ddn: Duong tron ¢6 tam I(1; -2), ban kinh R = 5. C6 IM? =(2-1)* + (4+2)? =37 = IM >5=R Gia sir

Toa do BC la nghiém cua hé {

T(x; y) 1a mot tiép diém , c6 W=(X—2;y—4), IT =(x-1Ly+2)cé
MTIT =0 X2 +y2—3x—2y—-6=0 (1)
Te(C)nén X +y°—2x+4y-20=0 (2

H—Q) = X+6y—14=0 =>T thuoc dudng thang d c6 phuong trinh x : naT, va
T, nhu nhau nén d 13 dudng thang di qua T,T,.

Bai 59 Trong mat phing toa do Oxy cho duong tron (C) tam I ¢6 phuong trinh ™ a—. 0. Viét
phuong trinh dudng thang di qua diém M(8; 0), cat dudng tron (C) tai hai diém ¢ 6 dién

tich 16n nhg't.
Huwdéng dan: Pudng tron ¢6 tam I(1; -2), ban kinh R = 5.
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Sins =1 IA.IB.sin IA:ERZ.Sin I suyra alAB c6 dién tich 16n nhat khi sin | =1 < 1=90°, alAB vuong can,
2 2
R 5 ,
suyra d(I,AB)=d(l,A) =—= = —=Dudng thaing A qua A(8; 0) c6 phuong trinh : a(x — 8) +by =0,
0.AB)=0(1,0)=F =2
7a+2b 5
a’?+b?=0d(l;A) = l Al |= .= 73a’ —56ab—17b? =0 <> a=b hoic 73a = -17b

By
+)néua=bchona=b=1,dudng thing Acépt: x +y - 8 =0
+)néu 73a=-17b chon a =17, b =-73, dudng thang Acé pt: 17x -73y — 136 =0
Bai_60 Trong mat phing véi hé toa d6 Oxy , cho dudng tron (C ) co phuong trinh X + y* + 2x—4y —8=0 va
duong thang (A) c6 phuong trinh : 2x —3y —1=0. Chirng minh rang (A) luén cit (C ) tai hai diém phan biét A, B
. Tim toa d6 diém M trén duong tron (C ) sao cho dién tich tam giac ABM 16n nhit.

Huwgng ddn: Puong tron (C) ¢ tam I(-1; 2), ban kinh R = V13,

Khoing cach tir I dén duong thang (A) la d, ) = <R ;Vay duong thang (A) cit (C) tai hai diém A, B phan

9
V13
biét.Goi M la diém nam trén (C), taco S,,gy = > AB.d y , Trong d6 AB khong doi nén S5, I6n nhat khi
d .4y 16N nhat.Goi d 1a duong thang di qua tim I va vudng goc voi (A).PT duong thang d 12 3x + 2y -1=0
Goi P, Q 1a giao diém cua duong thang d vai dudng tron (C). Toa do P, Q 1a nghiém cia hé phuong trinh:
2 2
X“+y +2x—4y-8=0 x=1Ly=-1
J y = y = P(1;-1); Q(-3; 5)
3X+2y-1=0 X=-3,y=5
4 4 - 22
3 e i
Vay toa do diém M (-3; 5).
hay A la duong thing di qua M va vudng goc véi AM. ; PT duongthing A:x+y-2=0
Bai_61 Trong mat phing véi hé toa do Oxy, cho dwong tron (C): x* + y* —2x+4y +2=0. Viét phuong
trinh duong tron (C ') tim M (5, 1) biét (C*) cit (C ) tai hai diém A, B sao cho AB =+/3.
Huréng ddn: Phuong trinh duong tron (C): X% + Y2 — 2x + 4y + 2 = 0 ¢6 tam I(1, -2), bk R =+/3
Puong tron (C') tam M cat duong tron (C) tai A, B nén AB L IM tai trung diém H cua doan AB.

ABx/_
2

Tacé AH=BH =— >

Taco dp ) = Tathdy d,, ,, 16n nhat khi va chi khi M tring vei Q.

Trudng hop 1: C6 2 vi tri cho AB d6i xing qua tam I.
Goi A'B' la vi tri thir 2 cua AB ; Goi H' 14 trung diém cua A'B'

3[5) 3
2 2

Taco: IH'=IH =+/IA*> —AH? =

Tacé:MI:\/(5—1)2+(1+2)2:SVaMH:MI—HI:S—%:%; MH':MI+H'I:5+%:§
Tacé: R} =MA’=AH’+MH" = 3 B2 45
PRV
R; =MA” = A'H”*+MH" =%+ 139 = 112 =43

Viy c6 2 duong tron (C') thoa yebt 1a: (x —5)? + (y — 1)>=13 hay (x—5)*+ (y— 1)* = 43
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Bai_62 Trong mit phing toa do Oxy, cho diém A(2;1) va dudng tron (C):(x— 1)2 +(y- 2)2 =5. Viét phuong

trinh duong thang d qua A cét duong tron (C) tai hai diém phan biét B, C sao cho doan thang BC ngin nhét.
Huwéng dan: Kiém tra diém A ta thay A nim trong dudng tron (C).

Khi dé PA/(C) =AB.AC =-AB.AC = IA?—R?=-3. Suy ra AB.AC=3.

Theo BBT AM-GM ta c6 BC = AB+ AC > 2./AB.AC =2./3.

Ping thuc xay ra khi A 1a trung diém cua BC. Puong thang d 1a qua A(2;1) nhan 1A = (L;—1) 1a vecto phap
tuyén. Vay phuong trinh duong thang d 1a x-y-1=0.

Bai_63 Cho A ABC c6 dién tich bang 3/2; A(2;-3), B(3;-2), trong tdm G e (d) 3x —y —8 =0. tim ban kinh duong
tron noi tiép A ABC.

Huwong ddn: Cho A ABC c6 dién tich bing 3/2; A(2;-3), B(3;-2), trong tdm G  (d) 3x —y —8 =0. tim bén kinh
duong tron noi tiép A ABC.

. N I L AP e {a—b=8(1)
C(a; b), (AB): x —y -5 =0 = d(C; AB) T = la-b-5[=3< a—b=202)
Trong tam G (453:23 )¢ () = 3a-b =4 (3 (1), (9= C(210) =7 = PR I I
2),B)=>CL-D=r=5=—_3 _

2,3 =>CL-D=r b 125

Bai_64 Trong mat phang vai hé toa ¢o Oxy, cho tam giac ABC ¢ A(4;6) , phuong trinh cac duong thang chira
duong cao va trung tuyén ké tir dinh C 1an lugt 14 2X — y +13 =0 va 6x —13y + 29 = 0. Viét phuong trinh
duong tron ngoai tiép tam giac ABC .

Huéng dan:
- Goi dudng cao va trung tuyén ké tir C 1la CH va CM. Khi d6

CH c6 phuong trinh 2Xx—Yy+13=0,

CM c6 phuong trinh 6X—13y +29=0.- Tirhé c(-7;-1)
2x—y+13=0

y — C(-7: -1).
6x—-13y+29=0

_ABLCH=n, =u,, =(1 2)
=pt AB:x+2y—-16=0.

: B(8; 4)
6;5
{x+2y—16:0 A46) H (6:5)
- Tur hé

= M (6; 5) = B(8; 4).
6x—-13y+29=0

- Gi4 sir phuong trinh dudng tron ngoai ti€p AABC : x? + y2 +mx+ny+ p=0.
52+4m+6n+p=0 m=-4

Vi A, B, C thuoc duong tron nén <80+8m+4n+ p=0<{n=6
50-7m-n+p=0 p=-72

Suy ra pt dudng tron: X + y% —4x+6y—72=0 hay (x—2)%+(y+3)* =85.

Bai_65 Trong mit phang véi hé toa d60xy, cho hai diém A(1 ; 2), B(1 ; 6) va dudng tron
(C): (x - 2)*+ (y - 1) = 2. Lap phuong trinh dudng tron (C*) qua B va tiép xic véi (C) tai A.
Huwéng ddn: (C) c6 tam I(2 ; 1) va phuong trinh cta dudng thang Al: x +y —3 = 0.

Pt caa (C) : x* + y? + 2ax + 2by + ¢ = 0 ¢6 tam ’(-a ; -b)

A(1; 2), B(1; 6) thudc (C’) va tam I’ thudc duong thang Al. Ta c6 hé phuong trinh:
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2a+4b+c=-5
2a+12b+c=-37 , giaihéduoca=1,b=-4,¢=9; Ptcia(C): x> +y*+2x—8y+9=0
a+b+3=0
Bai_66 Trong mit phang véi hé truc toa d6 Oxy cho A(4;3), dwong thang (d) : x —y —2=0va(d’):x+y-4=0
cat nhau tai M. Tim B e (d)vaC e (d") sao cho A la tam dudng tron ngoai tiép tam giac MBC.
Hwong dédn: I
Tim toa d6 M la giao cua dvad’.
Tim toa do H,K la hinh chiéu cia A trénd va d’
Tu d6 tim dugc B thuoc d va C thuoc d’ 1a cac 5
diém dbi xang cia M qua H,K ‘\

phuong trinh cac tiép tuyén cua (C ) tai cac giao diém caa (C ) véi duong thing AB.

Trang day hoc d &y video wwww.nguoithay.com

2
Huéng dén: + Buong tron (C ) :2x2+2y2—7x—2=0<:>x2+y2—%x_1:o©(x_£j iy

J65

= (C) cotdm I(%;O] va ban kinh R :T

65
16

+ Puong thing AB véi A(-2; 0) va B(4; 3) ¢6 phuong trinh %22% ,hay:y:XT+2
+ Giao diém cua (C ) véi dudng thang AB c6 toa d6 1a nghiém hé PT
2 2 2 x+2Y
2X° 42y —7x-2=0 2X°+2 — -7x-2=0 5x(x—-2)=0 x=0:y=1
X+ 2 < SV _X+2 <:>[
y="-= X+ 2 y=22% x=2y=2
2 y=2+< 2

2
Viy c6 hai giao diém 1a M(0; 1) va N(2; 2)

+ Céc tiép tuyén cua (C ) tai M va N lan luot nhan cac vecto IM = (—% ;1) va IN = (% ; 2) lam cac vecto phap
tuyén , do dé cac tiép tuyén d6 c6 phuong trinh lan luot 14 :

. —%(x—0)+1(y—1) =0, hay: 7x-4y+4=0

. %(x—2)+2(y—2) =0, hay:x+8y-18=0

Bai_68 Trong mit phang Oxy, cho diém A(l;3) nam ngoai (C): x° +y° —6x+2y+6=0.
Viét phuong trinh duong thing d qua A cét (C) tai hai diém B va C sao cho AB=BC
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m=2a-1

Huwong ddn: Theo yéu cdu bai toan = A, B, C thang hang va AB=BC.Goi B(a;b),C(m;n) = { -1
n=2b-

s |7h

. (@ +p*—6a+2b+6=0 |p=1 _ |b= /
Do B, C nam trén (C) nén = hoac
m +n*—6m+2n+6=0 m=35 _9

m
=-1

Viy c6 hai duong thang thoa man yéu cau bai toan 13 x+y-4=0 va 7x+y-10=0.

Bai_69 Cho hai duong tron : (Cy) : X2+ y* —4x +2y —4 =0 va (C,) : X* + y*-10x -6y +30 = 0
co tdm lan luot 12 1, J
a/.Chung minh (Cy) tiép xic ngoai vai (C,) va tim toa do tiép diém H .
b/.Goi (d) 12 mot tiép tuyén chung khong di qua H cua (Cy) va (C,) . Tim toa do giao diém K cua (d) va duong thang
1J . Viét phuong trinh duong tron (C) di qua K va tiép x(c véi hai dudng tron (C,) va (C,) tai H .
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Huwéng ddn: a).Ching minh (Cy) tiép xtc ngoai véi (C,) va tim toa do tiép diém H .
(C)cotamI( 2 ; -1) vaban kinh R,;=3 . (C,) c6 tam J(5;3) va ban kinh R=2.

Tacé: I’=(5—2+(3+1)’=25=>1=5=R,+R,

Suy ra (C,) va (C,) ti€p xic ngodi v6i nhau . Toa do ti€p diém H dugc xéc

19
(2%, —x ) =3 (x, — Xy =

dinh boi : 2HI:—3HJ<:>{ (i =x)==3(x, XH)@ ts
2(y;— YH): 3(YJ_YH) y :z

Ho s

b).Goi (d) 1a mot tiép tuyén chung khong di qua H cua (Cy) va (C,) . Tim toa d6 giao diém K cua (d) va duong thing
1J . Viét phuong trinh duong tron (C) di qua K va tiép x(c véi hai dudng tron (Cy) va (C,) tai H .

Z(XI —XK) 3(XJ —XK)Q{XK =11

ca:zﬁ:ﬁ@{
2(y1-yk)=3(y,-vk) Ly =11

37 31
Puong tron (C) qua K , tiép xtic v6i (C,) , (C,) tai H nén tam E ctia (C) 1a trung diém ctia KH : E£? ?j

37Y 3]
Bén kinh (C) 1a  EH = 6; Phuong trinh cta (C) 1a : [x—?j +(y 5 j 36

Bai_70 Trong mit phang Oxy cho duong tron (C) tdm 1(-1; 1), ban kinh R=1, M 12 mét diém trén
(d):x—y+2=0. Hai tiép tuyén qua M tao vai (d) mot goc 45° tiép xtc véi (C) tai A, B. Viét phuwong trinh duong
thang AB.
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Huwgng ddn: D&thdy | e (d). Hai tiép tuyén hop vai (d) mot goc 45° suy ra tam giac MAB vudng can va tam giac
IAM ciing vuong can . Suy ra: IM = JE
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— a=0

M e(d) = M(a;a+2), IM =(a+L a+1), IM :\/§<:>\/§|a+ﬂzx/§<:{ >
a=-

Suy ra c6 2 diém thoa man: M,(0; 2) va M, (-2; 0).
+ Pudng tron tam M, béan kinh R;=1 12 (C,): X* + y® —4y +3 =0 Khi d6 AB di qua giao diém cua (C ) va (C,) nén
AB:X*+ Yy —4y+3=x*+ Yy +2Xx-2y+1<> x+y-1=0.
+ Pudng tron tam M, béan kinh R,=1 12 (C,): X* + y* +4x+3 =0 Khi d6 AB di qua giao diém cua (C ) va (C,) nén
AB:XP + Y2 +4x+3=X"+y* +2Xx-2y+1< x+y+1=0.
+ KL: Vay c6 hai duong thang thoa man: x+y—-1=0 va x+y+1=0
Bc’}li 71 .Trong mit phang véi hé toa do Oxy cho duong tron (C) c6 phuong trinh (x-1)* + (y+2)* =9 va duong
thang d: x +y + m = 0. Tim m d¢é trén duong thang d c6 duy nhat mot diem A ma tir do ke duoc hai tiép tuyen AB,

AC toi duong tron (C) (B, C la hai tlep diém) sao cho tam giac ABC vuong.
Huwéng dan: Tu phuong trinh chinh tic ctia dudng tron ta ¢ tam 1(1;-2), R = 3, tir A ké duoc 2 tiép tuyén AB, AC

t6i duong tron va AB L AC => tir giac ABIC 1a hinh vuéng canh bang 3=> IA= 32

©M=3\/§<:>|m—ﬂ=6<:{m:_5

2 m=7
Bai_72 Viét phuong trinh dudng tron di qua hai diém A( 2;5 ), B9 4; 1) va tiép xtc véi duong thang ¢ phuong trinh:
3X—y+9=0.
Huwéng ddn: Hai dudng tron thod man dé bai c6 phuong trinh:
(C,):(x=17 +(y-2) =10; (C,):(x—17) +(y—10)* =250
Bai_73 Trong mat phéng véi hé toa do Oxy, cho dudng tron (C) : X* +y* +2x —8y—8=0. Viét
phuong trinh duong thang song song véi duong thang d: 3x+y-2=0 va cat duong tron theo mot day cung c6 do dai
bang 6.
Hugng ddn:
Puong tron (C) ¢6 tam 1(-1;4), ban kinh R=5; Goi phuong trinh duong thing can tim 1 A,
=> A : 3x+y+c=0, c£2 (vi // v6i duong thang 3x+y-2=0)
Vi duodng thang cit duong tron theo mot day cung c6 do dai bing 6=> khoang céch tir tam I dén A bang

NBP -3 =4 =d(l,A)= |f/3ﬁc| 4o €= 4;/;]-1(th6amﬁnc¢2)
+1 c=-—

Viy phuong trinh duong tron can tim la: 3x+y + 4J10-1=0 hoac 3x+y —4J10-1=0.

Bai_74 Trong mat phiang toa do Oxy , cho dudng tron (C) : X2 + y2 —2X+6y—15=0 va duong thang (d) :
mX—Yy—3m=0 (m latham s6). Goi | la tim cua duong tron . Tim m dé duong thang (d) cat (C) tai 2 diém phan
biet A,B thoa mén chu vi A IAB bing 5(2++/2) .

x ik . : s _5\2
Hwodng dan: tur gia thiét ta tim dugc khoang cach tur 1(1;-3) dén duong thang (d) la T\/— tir d6 timram ?

Bai_75 Trong mit phiang Oxy cho duong tron (C) tdm I(-1; 1), ban kinh R=1, M 1a mét diém trén
(d):x—y+2=0. Hai tiép tuyén qua M tao vai (d) mot goc 45° tiép xtc véi (C) tai A, B. Viét phuong trinh duong
thang AB.

Huwgng ddn: D&thdy | e (d). Hai tiép tuyén hop vai (d) mot goc 45° suy ra tam giac MAB vudng can va tam giac

IAM ciing vuong can . Suy ra: IM = \/E

M e(d)=M(a;a+2), IM =(a+La+l), IM :ﬁ‘:’ﬁwwzﬁa{aa—z_oz'
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Suy ra ¢6 2 diém thoa man: My(0; 2) va M, (-2; 0).

+ Pudng tron tam M; ban kinh R;=1 13 (C,): X* + y* —4y +3=0.Khi d6 AB di qua giao diém cua (C ) va (Cy)

nén AB: X° +y> —4y+3=x"+y* +2x-2y+1< x+y-1=0.

+ Pudng tron tam M, béan kinh R,=1 13 (C,): X* + y? +4x+3=0 Khi d6 AB di qua giao diém cua (C ) va (Cy)

nén AB: X° + Y2 +4x+3=xX>+ Yy  +2Xx-2y+1<> X+ y+1=0.

+ KL: Vay c6 hai duong thang théa man: x+y-1=0 va x+y+1=0.
Bai_76 Trong mit phing v4i hé toa d6 Oxy cho dudng tron (C) : x>+ y2 +4x + 4y + 6 =0 va dudng thing A : x +
my —2m + 3 = 0 vdi m 12 tham s& thyc. Goi I 12 tAm clia dudng tron (C). Tim m dé A cit (C) tai 2 diém phan biét
A va B sao cho dién tich AIAB 16n nhat.
Huong ddn: (C): x> +y>+4x+4y +6=0c6 tam 1a I (-2; -2); R = V2

Gia st A cit (C) tai hai di€m phan biét A, B. K& dudng cao IH ctia AABC, ta c6

SAABC = %IAIBSln AIB = SIHAIB

Do d6 Saapc 16n nhat khi va chi khi sin AIB = 1 < AAIB vuong tai I
1A 1—-4m
Lam

&IH= ——=1 (thdaIH<R) & -——1
J2 m® +1

8
@1—8m+16m2:m2+1c>15m2—8m=0c>m:0haym=E

Bai_77 Trong mit phang véi hé tryc toa d6 Oxy cho A(4; 3), duong thang (d):x —y—2=0

va (d’): x + y— 4 = 0 cat nhau tai M. Tim Be(d); Ce(d’) sao cho A 14 tim dudng tron

ngoai tiép tam giac MBC.
Huwéng dan: M(3;1), Lay B(a; 2 —a)e (d) C(b;4 —b) e(d’); Vi(d) L (d")

==> A la trung diém BC : B(6;4), C(2;2)
Bai_78 Trong mat phang vai hé toa do Oxy cho hai duong thingA:z +3y +8 =0, A':3z — 4y +10 =0va
diém A(-2 ; 1). Viét phuong trinh dudng tron c6 tam thude dudng thang A, di qua diém A va tiép xdc véi duong
thang A’
Huwdng ddn: Tam | cua duong tron thuoc A nén 1(-3t — 8; t); Theo yc thi k/c tir 1 dén A bang ki/c 1A nén ta co
3(—3t —8) —4t +10|
\/32 + 42

Bai_79 Trong mpOxy , cho duong tron (C) cd tdm 1 (2;4 ), ban kinh R= 242 va duong thang (D) ¢6 phwong trinh :
X—Yy—7=0.Tim toa d6 diém M nam trén (D) dé tir M ke téi duong tron (C) hai tiép tuyén
MA,MB ( A,B Ia hai tiép diém ) sao cho tam giac IAB c6 dién tich 16n nhat.

J(=3t =8 +2) +(t —1; Giaitiép duoc t = -3 thi I(1;-3) Va IA=5 .....

Huwéng ddn: khodng cach tir I dén dudng thing (D) 1a ﬂ .Dién tich tam gidc IAB la
2

S = %.AB.d(I,(D)) .batIM=xthi , > H2
2
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thi KA = §KB= xt - —>S— \/x - 1——=f(x)
9f

v01x>—

16 o2

co f'(x)=8. (X 2>
3 8 2
2.x 1——

Suyramin f(x)= f[g\/_J

Cac bai tw luyén
Bai 80 Trong mat phang Oxy chiing minh rang dudng tron (C_ ) :x* +y? —2m*x—4my +4m? =0 ludn tiép xdc
vé6i 2 duong ¢ dinh ma ta phai chi ro.
Bai 81 Trong mit phang toa do Oxy cho dudng tron (C): x* +y* — 2x — 4y — 6 = 0. Goi (C’) 1a dudng tron tam (-
2 ; 3) va cat duong tron (C) tai hai dieém A, B sao cho AB = 2. Viét phuong trinh duong thang AB.
Bai 82 Trong mat phang véi h¢ toa do Oxy cho diém A(3; 5) va duong tron (C): X +y* + 2x — 4y -4 =0. Tir A ke
cac tiép tuyén AM, AN dén (C) (M, N la tiép diém). Viét phuong trinh MN va tinh khoang cach gitra hai diém M, N.
Bai_83 . Trong mit phiang véi hé toa d6 Oxy cho diém M(4; —1) va dudng tron (C): x? +y? — 2x — 3 = 0. Viét
phuong trinh dudng thing (d) di qua M va cét (C) theo mot day cung c6 do dai bing 24/2.
Bai_84 Trong mit phing toa dd Oxy cho dudng tron (C): X? + y* +8x —6y = 0 va duong thang (d): 3x—4x+10 = 0.
Viét phuong trinh duong thang A vudng goc véi (d) va cit (C) tai hai diém A, B théa AB = 6.
Bai_85 . Trong mit phing véi hé toa do Oxy, cho duong tron (C) ¢ phuong trinh: X2+ y —6x +5=0. Tim diém
M thudc truc tung sao cho qua M ké duoc hai tiép tuyén voi (C) ma goc giira hai tiép tuyén dé bang 60°.
Bai_86 Trong mat phing vai hé toa d6 Oxy, cho dwong thing d: X —y —2 =0 va duong tron (C): X* + y* =5. Tim
toa do diém M thudc dudng thang d ma qua do keé duoc hai tiép tuyén MA, MB tai (C) (A, B la cac tiép diem) sao
cho tam giac MAB déu.
Bai 87 Trong mat phang voi hé toa dd Oxy, cho tam giac ABC néi tiép duong tron (C): (x—l)2 +(y+ 2)2 =5, A(2;

0), ABC =90°va dién tich tam giac ABC bang 4. Tim toa do cac dinh A, B, C.
Bai_88 Trong mit phang véi hé toa o Oxy, cho dudng tron (C): (x - 2)2 +y? =4, Goi | latam cua (C).Tim toa do

diém M c6 tung do duong thudc (C) sao cho tam giac OIM c6 dién tich bing /3.

Bai_89 Trong mit phang véi hé toa dd Oxy, cho dudng tron (C): x*+ y*+ 4x + 6y +5 = 0 va hai dudng thang A,: 2x
—y—6=0, Ay x+y=0.Tim diém A thudc A; va diém B thudc (C) sao cho A va B déi V(’)ri xung nhau qua A,.
Bai_90 Trong mat phang v6i hé toa do Oxy, cho diém M(5; 1) va duodng tron (C): X2 +y? —4x + 6y — 3 =0. Viét
phuong trinh tiép tuyén cua (C) sao cho khoang cach tir M dén tiép tuyén do6 16n nhat.

Bai_91 (KD - 07)Trong miat phang véi hé toa do Oxy, cho dudng tron (C) :
(x-1)+(y+2)>=9vadudng thang d : 3x - 4y + m = 0;Tim m dé trén d c6 duy nhat mot diém P ma tir d6 c6 thé
ké dugc hai tiép tuyén PA, PB t6i (C) , ( A, B 1a cdc tiép diém ) sao cho tam gidc PAB déu.

Bai_92 (DBKA - 07)Trong mit phang véi hé toa do Oxy ,cho dudng tron (C) : x* +y* = 1.

Puong tron (C') tam 1(2;2) cét (C) tai hai diém A,B sao cho AB = \/E .Viét phuong trinh dudng thang AB.

Bai_93 (DBKB - 07)Cho dudng tron (C) : x>+ y* -8x +6y +21 =0 va dudong thangd : x +y -1 =0.

Xac dinh toa do cac dinh ctia hinh vuong ABCD ngoai ti€p (C) ,biét A thudc d.

Bai_94.(DBKB - 07)Cho dudng tron C: x* +y* -2x+4y+2 = 0. viét phuong trinh dudng tron (C') tam M(5;1) ,biét (C')
cat (C) tai cac diém A,B sao cho AB = V3
Bai_95 (KB - 06) (KB - 06) Trong mat phang véi hé toa do Oxy ,Cho dudng tron (C) : x> +y* -2x -6y +6 = 0 va diém
M(-3;1).Goi T, va T, 1a cdc tiép diém clia c4c tiép tuyén ké tir M dén (C) .Viét phuong trinh dudng thang T, T.
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Bai_96 (KD - 06) Trong mat phang véi hé toa do Oxy, cho dudng tron (C): x> + y* - 2x - 2y + 1 = 0 va dudng thang
d: x-y+3=0. Tim toa do diém M nam trén d sao cho dudng tron tam M, c6 ban kinh gap do6i ban kinh dudng tron (C),
ti€p xuc ngoai véi duong tron (C).
Bai_97(DBKD - 06) Trong mat phang vé6i hé toa do Oxy ,cho dudng thang d: x -y +1- \/E =0 va diém
A(-1;1).Viét phuong trinh duong tron (C) di qua A,gdc toa do O va tiép xtic v6i dudng thang d.
Bai_98 (DBKA - 05)Trong mat phang vé6i hé toa dd Oxy cho duong tron (C,):x*+y*-12x-4y+36 = 0. Viét phuong
trinh dudng tron (C,) ti€p xudc vdi hai truc toa do Ox ,0y ,dong thoi ti€p xiic véi duong tron (C)).
Bai_99 (DBKA - 05) Trong mit phing véi hé toa do Oxy cho dudng tron (C) : x* +y? -4x-6y -12 = 0. Goilla
tam va R 12 ban kinh ctia (C) .Tim toa do diém M thudc dudng thang d: 2x -y +3 = 0 sao cho MI =2 R.
Bai_100 (DBKD - 05)Trong mit phing véi hé toa do Oxy cho hai dudng tron :

(C):x*+y*=9 va (C): x* +y* -2x -2y -23 =0.
Viét phuong trinh truc ddng phuong d clia hai duong tron (C,) va (C,).Tim toa do diém K thuoc d sao cho khoang
céch tr K dén tam (C,) bang 5.
Bai_101 (DB -KB-03)Trong mit phing véi hé toa do Oxy cho dudng thang d: x -7y +10 = 0.Viét phuong trinh
dudng tron c¢6 tam thuoc dudng thing A: 2x + y = 0 va tiép xdc v6i dudng thing d tai diém A(4;2).
Bai_102 (CT -KD-03) Trong mat phang véi hé toa do Pécac vuong géc Oxy cho dudng tron :
(O): (x-1)* + (y-2)> = 4 va dudng thang d: x -y — 1 =0.
Viét phuong trinh dudng tron (C’) déi xting véi dudng tron (C) qua dudng thang d. Tim toa do cdc giao diém cta (C)
va (C).
Bai_103(DB -KA-02)Trong mat phing véi hé toa do Oxy cho dudng thang d: x-y+1=0 va dudng tron
(C) :x*+y*+2x- 4y = 0. Tim toa do diém M truoc dudng thang d ma qua dé ta ké dugc hai dudng thang tiép xic véi
(C) tai A va Bsao cho géc £ AMB  =60°.
Bai_104 (DB -KB-02)Trong mat phang véi hé toa do Oxy cho hai duong tron

(C) : xX*+y* -4y -5=0va (C,) : x* +y* -6x +8y +16 = 0.

Viét phuong trinh céc ti€p tuyén chung ctia hai duong tron (C)) va (C,).

.Bai_104 (DB -KD-02)Trong mat phang vé6i hé toa do Oxy cho hai dudng tron

(C): xX*+y*-10x =0, (C): x> +y* +4x -2y -20 = 0.
1. (DB -KD-02)Viét phuong trinh duong tron di qua cdc giao diém ctia (C,) ,(C,) v c6 tam nam trén dudng thang d:
X +6y -6 = 0.
2. (DB -KD-02)Viét phuong trinh ti€p tuyén chung ctia cac duong tron (C,),(C,).
Bai 105 (CT -KA-09) Trong khong gian véi hé toa do Oxyz, cho mat phang (P):2x—2y—z—4=0 va mat cau
(S):x?+y* +2* —2x —4y —6z 11 =0 . Chtng minh rang mat phang (P) cat mat cau (S) theo mét duong tron.
Bai_106 CT -KA-09) Trong mat phang véi hé toa do Oxy, cho duong tron (C):x* +y? +4x+4y+6=0 va
duong thing A:X+my—2m+3=0, véi m la tham s6 thuc. Goi | 12 tdm cta duong tron (C). Tim m dé A cét (C)
tai hai diém phan biét A va B sao cho dién tich tam giac IAB 6n nhat.

.- . . . 4 )
Bai_107 (CT -KB-09) Trong mat phing véi hé toa &6 Oxy, cho duong tron (C) : (X —2)° +y* = B va hai duong
thing A, : X —y =0, A, : X — 7y = 0. X4c dinh toa d6 tim K va tinh ban kinh caa duong tron (C,); biét duong tron

(Cy) tiép xuc véi cac duong thang A, A, va tam K thude duong tron (C)

Bai_108 (CT -KD-09) Trong mit phang vai hé toa dd Oxy, cho dudng tron (C) : (x — 1) + y* = 1. Goi | 1a tam cua
(C). Xac dinh toa d6 diém M thugc (C) sao cho IMO = 30°.

Bai 109 (CT -KA-10) Trong mat phang toa dd Oxy , cho hai duong thing d;: /3x+y =0 vad,: +/3x—y =0. Goi
(T) 1a duong tron tiép xdc vai dy tai A, cit d, tai hai diém B va C sao cho tam giac ABC vuong tai B. Viét phuong

trinh cua (T), biet tam giac ABC c0 dién tich bang > va diém A c6 hoanh d¢ duong.
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Bai 110 (CT-KA-11) Trong mit phing toa d6 Oxy, cho dudng thang 4 : x+y + 2 = 0 va duong tron (C): x> +y* — 4x
—2y =0. Goi | |a tdm cua (C), M la diém thudc a . Qua M ké cac dudng ti€p tuyén MA, MB dén (C) ( A, B 1a cac tiép
diém). Tim toa d6 diém M, biét t& gidc MAIB cé dién tich bang 10.

Bai_111 (CT-KB-11) Trong mat phang toa d6 Oxy, cho tam gidc ABC c6 dinh B (E ;lj . Buong tron noi tiep tam

giac ABC tiép x(c véi cac canh BC, CA, AB tuong g tai cac diém D, E, F. Cho D (3; 1) va duong thang EF
c¢6 phuong trinh y —3 = 0. Tim toa d6 dinh A, biét A ¢6 tung d6 duong.
Bai_112(CT -KD-11) Trong mit phang toa d6 Oxy, cho diém A(1; 0) va duong tron (C) : x> +y* — 2x + 4y — 5=
0. Viét phuong trinh duong thang A cit (C) tai diém M va N sao cho tam giac AMN vudng can tai A.
Bai_113Trong mit phang toa do Oxy, cho tam gidc ABC c6 dinh A(3;-7), truc tam 1a H(3;-1), tim dudng tron ngoai
tiép 1a I(-2;0). Xac dinh toa d6 dinh C, biét C c6 hoanh do6 duong.
Bai_114 Cho phuong trinh duong tron (C,) : x* +y* -4mx -2(m+1)y = 1.
a)Tim qui tich tam c4c duong tron (C,,)
b)Chitng minh ring qui tich d6 tiép xidc véi parabol (p) : y> =2x.
Bai_115Trong mit phang toa do Oxy cho duong tron (T): X2+ y? —2x—y—5=0 va duong thang (d):
3x+4y-5=0. Chirng minh rang (d) cit (T) tai hai diém phan biét B, C. Tim trén (T) diém A c6 hoanh d6 &m
sao cho tam gidc ABC c6 ban kinh dudng tron noi tiép r=1.
Bai_116 Trong mit phang toa do Oxy, cho tam giac ABC vudng tai A, B(-5;0), C(7;0), ban kinh duong
tron noi tiép tam giac 1a r = 2413 —6. Tim toa do tam I ciia vong tron néi tiép tam giac biét diém 1 c6 tung
do duong.
Bai_117 Trong mat phang véi hé toa do Oxy, cho hai duong tron (C) : X2 + y2 =13 va
(C'):(x-—6 )2 + y2 =25. Goi A lamét giao diém cia (C)va (C' )véi y, >0. Viét phuong trinh duong
thang (d) di qua A va cat (C),(C" )theo hai day cung c6 d6 dai bang nhau (hai day cung nay khac nhau).
Bai_114. Trong mat phang véi hé toa do Oxy cho dudng tron (C) : x* +y* -4x-6y -12 = 0.

Goi I 12 tam va R 12 ban kinh ctia (C) .Tim toa do diém M thudc dudng thang
d: 2x -y +3 =0sao cho MI=2R.
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